is to make precise the conditions in [2) concerning Riemann integration and to demonstrate relations between BK-spaces which are generated by a given BK-space.
Introduction

This paper is motivated by a letter of Boettcher to Goes (Beispiel eines translationsinvarianten BK-Raumes, der nicht die
This shows that in general Proposition 4.1/(i) in Goes [2] is not valid. Actually the BK-valued Riernann integral used in the proof of Proposition 4.1/(i) may not exist. It is evident that the function xe (cf. Definition 2.7) is not Riemann integrable because ox M"(T) for all n E N0 . Thus Riemann integrability of xe is sufficient for x to have property aB (hence [2: Proposition 4.11 (i) ] is valid in this case (cf. Theorem 3.5)). However it is not necessary, as u E E3 in Example 3.7 shows. For k E Z let 8k the Kronecker symbol and define c : 1? -1 (n E N0 ) by
The function ox is called n-th Cesàro section of order one of x. 
Definition 2.1 (BK-space). (E;
[
If llf( t )llx
<M on [a, b], then 11 f f(t) dt I M(b -a).
If h : [a, b] -X is continuous, then h is R-integrable.
If Y is a Banach space and T: X -p Y a continuous linear operator, then
Ib T(f(t)) dt = T (fb f(t) dt).
If g : [a; b] -X is R-integrable on [a, b], then I + g is I1-integrable on [a, b] and
66 jf (f+g)(t)dt=j(t)dt+j g(t)dt.
Theorem 2.12. Let f : [a, b] -X be an R-integrable and g : [a, b] -p C a continuous function. Then the product function gf : [a, b] -X is R-integrable.
Proof. 
Let Pe be a partition such that for two arbitrarily chosen refinements Pi 
and analogously 
Properties of BK-valued integrals
In the following we consider BK-subspaces of Q which are induced by a translationinvariant BK-space E and certain properties.
Definition 3.1. For a translation invariant BK-space E we define E = { x E E xc is continuous on T} E,, = {x E E xe is A-measurable on T} 1 f2 IT
ER; = { X E E (R)--/ xe(t)dt exists}.
h> A([t 0 ,t + h]) 2 .\ (A n (h) U A0 (h)) = A (A n (h)) + A(A0 (h)) ^ 10
With rn E A(h) fl Ao(h) we obtain
for all n n 0 . This is a contradiction to (1 
Kn(t)xe(_t)dt)
= -j Pr k(K(t)xe( -t)) dt
We prove ESTK C EAD
=1 and 7x_x 
Proof. We have Ea R E and E C
We only have to prove
Then xe is weakly continuous and therefore weakly measurable. The range of xe, i.e. {xe(t)It E T}, is a subset of the closure of { Eet EN0 and Ok E Q,t k E QflT for all 0 :5 k (cf. [6: Theorem 2/p. 120]), where Q denotes the set of all rational numbers. Therefore {xe(t)l t E T} is a separable set. Thus the conditions of the Pettis theorem [6: p. 131] are fulfilled, and we obtain x E EA = E (cf. Theorem 3.3), i.e.
= E = EaK I
Boettcher and Goes noticed that Theorem 3.6 can also be interpreted as an application of the theorem in [6: p. 2331. Furthermore we have to remark that in the proof of Proposition 4.3 in [2] there is not paid attention to the fact that the additional condition E ç ERI is used.
The following example illustrates inclusion relations between the considered BKspaces. As direct sum of BK-spaces E is evidently a BK-space. First we prove that in general E is a proper subset of
Choose I E L°°(T) with 1 0 for tE[0,7r)
for tE[ir,2ir).
Then x E E1 with 0 for 054keven 
be a partition with PC < , and let P and P2 be two refinements of 7's. Then = U'1 P, 3 (k E 11,2}) with Obviously w E, a,,w E E4 for all n E No and SUP -EN(, II an w IIE <00.
The following chart shows the relations between the spaces, ,which are generated by a translation-invariant BK-space E. 
